For an inclusion N ⊂ L we let L(N ⊂ L) denote the set of intermediate subfactors, which in the case that N is an irreducible subfactor of L, but not in general, is a lattice under the operations
. In order to prove our main result (Theorem 1.7), we identify two finite subsets, L 1 and L 2 , of L(N ⊂ L) such that: a) the two sets coincide and coincide with L(N ⊂ L) in the irreducible case, and hence recovering Watatani's theorem, 
, and the distance between M 1 and M 2 is sufficiently small, then they are unitarily equivalent, i.e., M 2 = uM 1 u * for a unitary u ∈ L, and the unitary u can be chosen to be close to the identity of L. We are going to rely on the ideas, notation, and results of ( [C] ). The following function, γ, appears frequently in perturbation calculations:
projection} is a finite set. This fact is often used in subsequent arguments. Given M ⊂ L, L, e M denotes Jones' basic construction and e M the corresponding Jones' projection. We refer to ( [J] ) for basic notation and facts on index theory. Finally, we let |A| denote the cardinality of the set A.
N ] (see the last paragraph of the proof of Theorem 6 of [C] ). By (Lemma 2.1, [C] 
Note that the projection p in the discussion preceding (Lemma 4.1, [C] ) is e M and π = E M in our context. But for each projection e in M ∩ L, e M we have that tr(e) > [L : M ] −1 > c −1 . Whence, tr(e M ) = tr(q) and hence q ∼ e M . Now by (Lemma 4.1, [C] 
Then, by (Theorem 3.1, [C] ) there exists v ∈ N, Φ(N ) such that q = v * v ∈ Φ(N ) , r = vv * ∈ N , and such that 1 − v 2 , 1 − q 2 , 1 − r 2 are all less than 26γ(δ) + δ, and qΦ(x) = v * xv. Since q and r belong to the finite-dimensional algebra M ∩ L, our choice of the constant δ implies that q = r = 1. Thus, v is a unitary in L that implements Φ, i.e., Φ(x) = vxv * for each x ∈ N (cf. Lemma 4.1, [C] 
Proof. The first part of the proof is the same for both i) and ii). For each
Since e Kn ∈ N ∩ L, e N , which is finite dimensional, the sequence (e Kn ) must have a limit point in N ∩ L, e N . Assume, without loss of generality, that the sequence (e Kn ) converges in the uniform topology to a projection p ∈ N ∩ L, e N , and such that tr(e Kn ) = tr(p) = c. Then, d(K n , K m ) < e Kn − e Km 2 , which shows that d(K n , K m ) can be made arbitrarily small by choosing m and n sufficiently large. Hence, by Lemma 1.1, there exists a unitary u ∈ L such that K m = uK n u * for sufficiently large n and m such that u − 1 < for a given > 0. Thus, for each
At this point we consider the two cases separately. i) Let u * E Km (u) = h. Since u − I tr can be made sufficiently small, and h − I < 2 u − I tr , we can choose such that
Thus, the element h is invertible, and we have u
Thus uxu * ∈ K m , and it follows that K m = K n , which is in contradiction with the choice of K n 's. We conclude from this argument that L 1 and L 2 are not finite sets.
The following corollary is a theorem of Y. Watatani ([W] ).
, and the corollary follows from Theorem 1.3.
Corollary. There exists an
Proof. By (Theorem 5, [MT] ), there exists a δ > 0 such that [L :
Let be the minimum of δ and the constant given by Lemma 1.1. Then there exists u ∈ L such that M 1 = uM 2 u * and u − I < 2 + 52γ( ). By the argument of Theorem 1.3, uE M2 (u) = x ∈ N ∩ L. Now, choose sufficiently small such that x − I < 1. (In fact, x − I < 2 + 104γ( ).) Then x is invertible, x ∈ N ∩ L, and
Let p 1 and p 2 be distinct prime numbers larger than [L : N ]. Consider the unitary
Then u generates a group G of unitary elements of order p 1 p 2 .
Claim. The set {vM v * : v ∈ G} consists of distinct subfactors. 
which is a contradiction, and our claim is established. 
Proof. The finiteness of L L (N ⊂ L) follows by using the type of argument given in Theorem 1.3 and by Lemma 1.1. Also, Corollary 1.2 shows that L N (N ⊂ L) is finite.
